Abstract. The theorem mentioned in the title is proved.
1. Introduction. Throughout this paper Mn will denote a compact, metric, «-manifold, näl. If Mn is without boundary H(Mn) will denote the space (under the sup norm topology) of all homeomorphisms of Mn onto M\ If Mn has nonempty boundary H(Mn) will denote the space of all homeomorphisms of Mn onto Mn which leave the boundary pointwise fixed.
A result which has triggered a great deal of work recently is the following. The space of all orientation preserving homeomorphisms of the unit interval [0, 1] onto itself is homeomorphic to l2, the separable hilbert space of square summable sequences [2] . A natural question is whether H(Mn) is locally homeomorphic to l2 for every Mn [13, p. 792] , [24, Problem Ml].
It is well known that H(Mn) is a complete separable metric space [6, p. 265 ]. Mason [17] has shown that if A" is a sigma-compact subset of H(Mn), then H(Mn) -Kis homeomorphic to H(Mn). Geoghegan [8] has shown that H(Mn) x l2 is homeomorphic to H(Mn) (for a generalization see Keesling [14] ). Cernavskii [4] and Edwards and Kirby [7] have shown that H(Mn) is locally contractible, (earlier, Hamstrom and Dyer [10] showed that H(M2) was locally contractible).
The homotopy groups of H(M2) have been studied by Hamstrom [9] and McCarty [16] (see also Morton [19] ). Mason [18] showed that if D is a 2-cell then H(D) is an absolute retract (a problem originally raised by E. Michael, see [26, p. 229]).
In this paper we show that H(M2) is an absolute neighborhood retract (Theorem 18). During the course of the proof we show that various other function spaces are absolute neighborhood retracts. Some of these are: the space of embeddings of a 2-cell D into the plane E2, the space of embeddings of Bd (D) into E2, and the space of all embeddings of D into E2 which are holomorphic on Int (D) (see §4).
The basic idea of the proof is to use the result that H(D) is an absolute retract, decompose M2 into 2-cells, and use the techniques of Hamstrom and Dyer [10] on the decomposition.
All function spaces mentioned in this paper will be topologized by the "sup norm" distance function (see §2).
2. Definitions and notation. The statement that a metric space X is an absolute neighborhood retract (ANR) means that whenever JVis embedded as a closed subset Z0 of a metric space Z, there is a retraction of an open neighborhood of Z0 onto Z0.
A sequence Xu X2,... converges 0-regularly to a set X0 if Xu X2,... converges to X0, and for every s > 0, a 8 > 0 and an integer 7V> 0 exist such that, if n > N, any two points x, y of Xn, with dist (x, y) < 8, lie together in a connected subset of Xn of diameter less than e.
By map we mean continuous function, f. A^~ B means that the function / takes A onto B. If A and B are metric spaces, with A compact, and/!,/2: A-> B are maps, then dist (/i,/2), the distance between fx andf2, will be sup dist (f(x),f2(x)). E2 denotes the Euclidean plane, and ^1 the complex number plane. By 1 we shall often mean the point 1 +0/ g #1.
If X^^1 is a point set and/: X-+ &1 is a map, then/is holomorphic at a point x e X if /has a (complex) derivative,/'(z), for all z in some neighborhood (in <€v) oí x. If/is 1-1, /is orientation preserving on X, if given any simple closed curve J in X and a positive transversal a of/, then/° a is a positive transversal oïf(J) (see [23, Chapter 5, §2] ). The following continuity property of such/'s is not so well known. (Proof omitted.)
A version of this theorem is given in [10] . A proof may be dug out of [5, p. 191 Lemma 3 (see [10] ). There is a map a: Definition. H1, H2,... converges to the identity mapping JST ->-X if for any point x0 e X and any neighborhood V of x0 there is another neighborhood W of x0 and an integer N such that xeW and n ä N imply Hn(x, t) e V for all t.
Recall that AE(D, E2) is the set {fe A(D, E2) : /is an embedding}. 5. More on conformai mapping. In this section we describe a procedure for extending, in a canonical way, an embedding of the boundary of an annulus to an embedding of the entire annulus. This procedure is used in [10] , [15] , [19] , and [22] .
It is well known that if G is a closed (topological) annulus in (^1 then there is a unique real number r>l and a homeomorphism / of the annulus A(CX, Cr) = {ze(ß1 : lá|z|^r} onto G such that / is holomorphic on Int (A(CU Cr)).
Further,/is uniquely determined by the image of one boundary point [1, Chapter 5, §3.1].
As in §1, we have a continuity property for such/'s. In the statement below we let A(J, L) denote the closed annulus bounded by the simple closed curves J and L, with J in the bounded complementary domain of L, and we let Cr = {zef : |z| = r), r a real number. Suppose again that geAN.
Let gx: C1^-Cx be the homeomorphism gi=g~x ° A'(g)|Ci. Let g2: C2^C2 be g2 = X'(g)\C2. We may extend gx and g2 to a homeomorphism G(n, m) of A(CX, C2) onto itself by sending (r, 6) (polar coordinates), to (r,(2 -r)(g1(l, 8) + 2mr) + (r-l)(g2(2, 6) + 2mTr)) where n and m are integers. If we let A(g, n, m) = X'(g) ° [G(n, m)]'1 we see that X(g, n, m)=g on C1( and X(g,n,m) = ld on C2. Finally, let X(g) = X(g, n(g), m(g)), where the integers n(g) and m(g) are chosen as follows. If X is the segment of the real axis from 1 to 2, choose n(g), m(g) so that the "angle change" along X(g, n(g), m(g))(X) is equal to the angle 8(g), -tt/4 < 6(g) <w/4, from g(l) to 2 (see [10, p. 522 ] for a description of angle change); equivalently, choose n(g), m(g) so that the "circulation index" (see [ is the required homeomorphism.
